
 

Reindeer A subgrp
T PSL Cl

is arithm if it

is commensurable to 01

where 0 is an order of
a
quart alg ace K w

ACIR EH K has only one complex place
A reunifies at real place

Q take T
any

lattice at PSLCZ.sc

Can S decide of its

arithmetic or not

A Yes Bcc to
AIL lattice

there is an associated field
and a great algis
Invariant truce field greatalg
Arithmetic OF lattices

Given T T a 82 Jer

tact T T is normal and of
finite enclex



LRT Etr re ray

field gen by tr

Thin
e C ke wt T is an inv of comm

KT is a number field and it
Travel T ane commensurable

then KT RT

it is computable

It comes from the tr rel in

Sha CQ

tr A tr CB tr CA B trCA1B

can
actually fend a finite

subset
of Ve T

generating
RT If 8 tu nee

gens
take all

To 8i8j
Ji Jj 8k

AT KP ET Je Ta J C Mz E



Thin AP is a quat alg
over KT

and Ef T P are cournelable

AT AT being canine able
to 01 anthem

One can actually show that

AT KT T1 g h glis where g her
wi
g le acting irreducibly

clan t
gen een eduitary

subgrp in Bolz Ca
ex take two hyp elicit

W1 no canine fixed pet

Rudi if A e ShzCE

AZ tr CA A Id

C CAZ ter A 2 2

teen tech P Ctr

W1 P monic poly
w 96 caff

WI g h
as above

AT trcg5 Y.tr
g.tn



Thin If T is arithmetic

coming from CK A then

grpfield RT K

Equat At A
grip alg

oily field daily are
owe the
Same

The Same

Ryuk if T is arithm over CK A

w K CQ A A e CMz

then for any elut a EA

fra Ca term ca p Ca

trace plas
C K

pet CK

Moreover if at 0 an order

tra a C Ok ring of
it of 13

we almost leave trade 013

Ln fact we only have to is

an alg.int far any te M

BI i fer some n Th e p COD fo tr 8 e On



torch is a root of PCtrah tryn

which is manic WC 0K cereffs

Identification
thin

T L PSLz E is arithm

KT has a unique
complex place
AT

ramifies
at
every

real places
tr CD is an alg integer
far YET

Moreover a f
tr c Our TVET

then i

T
subgrp of PCO

0 an oral of A T

Rink The third card is
granted

by a finite member of
tree only integer



Anthucticity of knot eat

Them Reid the 8 knot

complement is the
only

arithmetic knot complement
they just mean realize chat
w pet cornels

sketch Pf M arithm knot

complement
commensurable to a Bianchi

grp

cusps in the Bianchi
grp

they should all be equiv
the class number of K
is 1 c

finite list

Ju
fact cuspal

coho prob

only a finite
number of

Bianchi gups
certain link

complement in 1



In this case only 1 angler in Meck

MaCH Fa

homology arguments
T c S Lz Kr Fa

Te t fixing oo a meridian

normally generates
T

r
C E

Claim i x is a unit of
Od

if not
P prime L X Od g

Ye Tp Ker T PSLz Od
p

T C Tp it is an ex of a

principal congruence
aubgrp

brit congruence rubgrps
leave

cheefeievolent woops



Very few units in Od in

fact included in II Ii

if d 43

d 3 w Iz t i Ez

take the elicit in the stab

of 0 conj'd in T to Y

S
y

e y also a unit

but tr S Zexy
tr IV SJ 2x

Cxy
2

few tall choices in 1 I c3

You construct a prod of 8 S
w I tr 1 elliptic

So d 3 Too CT but

Too is a wax al
subgroup

PSLz Q w o torsion D



Commensurability
et al

lattice

Thin CMargulis T PSLz a

is arithm s Comm CT is dense

Commensureto

Comm CT

gEPSLzCQ I CgTg
1 n T

granite jgfuite
cell the

gas
which Caerese

cerumen awhile swyys

T p.CO order on A

etiew any yep belongs to

the Comm CT

exec PSLz CQ Comm CPS CX



The Creed Marg M

If M arithmetic the M

contains 0 or
infinitely

many
immersed totally

geodesic surfaces

If a 3 manif M has ly
sub surfaces then it is

arithmetic


